Dang 3: Xac dinh thiét dién bang cach ké song song
Phwong phap: Dé xc dinh duge thiét dién cia mot hinh chép hogc hinh lang try cit béi mét phing (P)
ta thuong dyng céc doan giao tuyén ciia (P) v6i cic mit clia hinh chop hodc hinh ling try d6. Khi 4y, ta
st dung dinh i sau:
e Cho hai mit phang song song. Néu mot mit phiang cit mit phang nay thi cuang cit mit phang kia
theo hai giao tuyén song song v&i nhau.

BAI TAP TU LUAN

Bai tap 1: Cho hinh chép S- ABC. Goi M 1a trung diém SA. Xac dinh thiét dién ctia hinh chép cat boi
mit phang (P) diqua M va song song véi mét phang (ABC).
Loi giai

B

Taco M 1a mot diém chung cua (P) va (SAB)

( S AB) m ( ABC) = AB nén giao tuyén ciia (P) va (SAB) 1a duong thing di qua M song

{(P)//(ABC)

song v&i AB va cit SB tai trung diém N cua SB.

Tuong ty, giao tuyén cta (P) va ( SAC ) 1a duong thiang di qua M |, song song v&i AC va cit
SC tai trung diém P cua SC .

Vay thiét dién ctia hinh chép S.ABC cét béi mit phiang (P) 1a tam gidc MNP

Bai tip 2: Cho hinh hop ABCD.AB'C'D’. Goi M 1a trung diém ciia A'B’. Tim thiét dién ctia hinh hop
cit boi mit phang (P) diqua M va song song véi mét phang (A'C'C). Thiét dién la hinh gi?
Loi gidi
Vi (P) song song voi (A'C'C) nén (P) song song v6i (A'C'CA).
Suy ra giao tuyén cta (P) véi (AB'C'D’) 1a dudng thing di qua M , song song véi A'C’ va cit

B'C’ tai trung diém N cua B'C'.



Tuong tu, giao tuyén cua (P) voi (B'C'CB) la duong thang di qua N, song song v6i C'C va

cit BC tai trung diém P cua BC.

M

BF

= NP
~

Giao tuyén cua (P) v6i (A'B'BA) la dudng thing di qua M , song song v6i A'A va cit AB tai
trung diém Q cta AB.

Vay thiét dién can tim 1 t&r giac MNPQ.

Do NP song song va bang CC’;MQ song song va bang AA' nén tr gilc MNPQ 1a hinh binh
hanh.

Bai tap 3: Cho hinh hop ABCD- AB'C'D’. Hai diém M,N 1an lugt ndm trén hai canh AD,CC’ sao cho
AM CN . . . , )
VD= NG Xac dinh thiét dién ctia hinh hop cét boi mat phang qua MN va song song véi (ACB')

Loi giaii
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. Al AM
Goi | la diémtrén AA" sao cho wW-MD suyra IM / A'D suyra IM // CB'

., Al CN
Laico — =
IA" NC'

suyra IN 7/ AC suyra (MNI)/(ACB').

Do d6 mit phing (MNI) 1a mat phang di qua M,N va song song vudi mit phang (ACB').
Qua M ké ME/ AC;qua N ké NF #B'C’,qua F ké FK /7 AC'.
Khi d6 thiét dién can tim 1 da gidc MENFKI .

Bai tip 4: Cho hinh hop ABCD- AB'C'D’. Goi K 1a trung diém CD. Goi (P) 1a mit phang di qua C' va

song song v6i (A'/AK). X4c dinh thiét dién cua hinh hop cdt béi mat phing (P).
Loi gidi
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Goi H 1 trung diém C'D' = KH //AA = H e (A'AK).

Qua C’ ké duong thiang song song vdi A'H , cit AB’ tai M .

Qua C ké duodng thing song song voi AK , cit AB tai N .

Suy ra mit phang (CC'MN ) 1a mat phing di qua C’ va song song v6i (A'AK).
Thiét dién can tim 1a hinh binh hanh CC'MN .

Bai tap 5: Cho hinh chép S - ABCD c6 day la hinh thang, day lon AD =3a, AB = BC =a. Mit bén (SAD)
13 tam gidc cAn dinh S voi SA=2a, goi M 1a diém thudc canh AB va khéng trung véi A, B. Mit phang
(@ )diqua M va song song véi (SAD). X4c dinh thiét dién ctia chép véi mét phang (). Thiét dién 1a
hinh gi?
Loi giai
5

B C
Qua M ké dudng thing song song v&i AD, cat CD tai N .

Qua M ké duong thing song song v4i SA, cit SB tai Q.
Qua Q ké duong thang song song véi BC, cit SC tai P.

Suy ra (MNPQ) la mit phdng qua M va song song vé6i (SAD).



Do d6, thiét dién ciia hinh chép S.ABCD cét béi mit phang (P) 1a tir gide
MNPQ.

Boivi MN va PQ cung song song voi BC (hodac AD ) nén tir giac MNPQ Ia hinh thang.

. BM
Ap dung dinh 1i Thales trong cac tam giac SAB,SBC,SCD ta dugc BA -

M B P N NP M NP
_Q:_Q:C_:C_:_j_Q:_ ma tam giac SAD cantai S do d6 MQ = NP.
SA° BS CS CD SD SA SD

Vay MNPQ 1a hinh thang can.

Bai tap 6: Cho hinh chop S.ABCD c6 day la hinh thang ABCD c6 AD // BC,AD =2BC . Goi E la trung
diém AD va O giao diém ciia AC va BE; | 1a mot diém di dong trén AC khac A va C.Qua | v& mat
phing (&) song song v6i (SBE). Tim thiét dién tao bdi (o) va hinh chép S.ABCD.

Loi giai

Trwong hop 1: Diém | nidm gita A va O.

Qua | ké dudng thing song song v6i BE cat AB,AD lan lugttai M va N .
Qua M ké dudng thing song song v4i SB cit SA tai P.

Suy ra (MNP) la mét phang di qua | va song song véi (SBE).

Do do, thiét dién ctia hinh chop cét boi mét phang (o) 1a tam gidc MNP .
Trwong hop 2: Diém | nidm giita C va O.

Qua | ké dudng thing song song v6i BE cit BC,AD lan Iuottai H va U .
Qua H ké duong thang song song véi SB cit SC tai K.

Qua U ké duong thang song song véi SE cat SD tai V .



Suy ra (HKVU ) 1a mat phang di qua | va song song véi (SBE).

Do d6 thiét dién ciia hinh chop cat boi mét phing (o) 1a tir gide HKVU .
Bai tdp 7: Cho hinh chép S.ABCD ddy 1a hinh binh hanh tim O c¢6 AC =a,BD =Db. Tam gidc SBD la
tam gidc déu. Mot mit phang («) di dong song song véi mat phang (SBD) va di qua diém | trén doan

AC.
a) X4c dinh thiét dién cua hinh chop v6i mit phing (a).

b) Tinh dién tich thiét dién theo a,b va x = Al .

Loi giai

a) X4c dinh thiét dién cua hinh chép v6i mit phang (a).
(o) (SBD)
Néu 1 cOA thi ta co (ABD)m(SBD)z BD :(a)m(ABD)z MN v6i MN qua | va
(S (a) e (ABD)
MN /7 BD.
Tuong tu () cét (SAB) theo doan giao tuyén MP song song véi SB cit (SAD) theo doan
giao tuyén NP / SD. Thiét dién 1a tam gidc déu MNP (vi dong dang véi tam gidc déu SBD )
Néu | € OC thi thiét dién 1a tam giac déu HKL c6 cac canh tuong (mg song song véi canh tam
gidc SBD.

b2J3

b) Tinh dién tich thiét dién theo a,b va x = Al . Ta ¢ S,pep = 2

£ M ‘~ \ \ a
Néu | nam gitta O va A thi 0<x<§.

MN Al 2x b2x*\/3
—.

S MN )’
Khido 2amve [ 777 | Do MN #BD suyra —=——=—2>= =
[ Dj Yy BD AO a TMNP a

ABCD

A M ‘o~ \ . a
Neéu | namgitra O va C th1§<x<a.



2 2(a—x
Khi d6 MZ(EJ Do HL#BD— HE_C1 _2(a-x)
S BD BD

b?(a—x)’/3
cO a = S = (az) '

'BCD
Bai tap 8: Cho hinh chop S.ABCD c6 day 1a hinh thoi canh a, tam giac SAD 1a tam giac déu. Goi M 1A
mot diém thudc canh AB,AM =X véi 0 < x < a. Mat phang (P) diqua M song song véi (SAD). Tinh

dién tich thiét dién cia hinh chép S.ABCD cét bsi mt phang (P).
Loi gidi

Do mit phang (P) di qua diém M va song song véi (SAD) nén cit céc canh cua hinh chép
bang céc giao tuyén di qua M va song song véi mat phang (SAD).

Do ABCD la hinh thoi va tam giac SAD déu nén thiét dién thu duoc 1a hinh thang can MNFE
véi MN 77 EF,ME = NF .

EF—SF—MA—E:Esz va MF=a—X.

Khidd MN=a,—=—=——=
BC SC AB a

Mj ey

Keé duong cao FH,H e MN tacé FH :\/MFZ_( > >

3
Vay dién tich hinh thang la S = %(a2 - Xz).

BAI TAP TRAC NGHIEM

PHAN I. Cau tric nghiém nhiéu phwong an Iwa chon. Mi cau héi thi sinh chi chon mét phwong
an.



Cau 1:

Cau 2:

Cho hinh vuéng ABCD va tam gidc déu SAB nam trong hai mit phiang khac nhau. Goi M 1a
diém di dong trén doan AB. Mit phing () qua M song song v&i (SBC) cit hinh chop

S.ABCD theo thiét dién 1a
A. Hinh tam giac. B. Hinh vuong. C. Hinh binh hanh. D. Hinh thang.
Loi giai

Do (a)#(SBC) nén («) cit mit phang (ABCD) theo giao tuyén MN // BC,(N eCD).
Hoan toan twong tu, ta cd () cit cac mit phang (SAB) va (SCD) theo céc giao tuyén MQ, NP
& d6 Qe SA va MQ// SB;PeSD va NP/ SC.

Mit phang () cat hinh chép S.ABCD theo thiét dién 1a tir giskc MNPQ.

D& thay PQ #/ AD,PQ # AD tir 46 suy ra MNPQ 1a hinh thang.

Cho hinh chép S-ABCD c6 day ABCD Ila hinh binh hanh tim O. Goi M 1a diém bat ki trén
doan thang SO. Mt phang (<) qua M va song song v6i (ABCD). Thiét dién cua hinh chop
S.ABCD cit boi mit phing () 1a hinh gi?
A. Hinh binh hanh. B. Hinh tam giac. C. Hinh ngii giac. D. Hinh thang can.

Loi giai

Xét mat phang (SAC) va mat phing () c6 M 1a diém chung va AC / () nén giao tuyén la
dudng thing di qua M va song song véi AC cdt SA,SC 1an luot tai E,G . Tuong ty (o) cét
SB,SD 1lan luot tai F,H . Khi d6 thiét dién can tim 1a t& gidc EFGH .

Tacd EF #GH va FG / EH nén thiét dién 1a hinh binh hanh.



Cau 3:

Cau 4:

Cho hinh chép S. ABCD c6 ddy ABCD la hinh binh hanh tam O, AB =8,SA =SB =6. Goi
(P) la mat phing di qua O va song song voi (SAB). Tinh di¢n tich cua thiét dién cua (P) va

hinh chép S- ABCD.
A. 12. B. 5\5. C. 645. D. 13.
Loi giai

S

Qua O dung dudng thing PQ / AB= P,Q Ian luot 1a trung diém cia AD va BC.
Qua P dyng duong thang PN / SA= N 14 trung diém ciia SD.

Qua Q dung duong thing QM /# SB =M 1a trung diém cua SC .

N6i M va N = thiét dién cua (P) va hinh chop S.ABCD la tir gidc MNPQ.

Vi PQ//CD,MN //CD = PQ//MN nén tir gidc MNPQ 1a hinh thang.

1 1
Ta c6 PQ=AB =8, MN :EAB:4,MQ: NP:ESA:3 suy ra MNPQ 1a hinh thang can.

Goi H 1a chan duong cao ha tir dinh M cua hinh thang MNPQ.
1
Khi do ta co HQZZPQ=2:> MH = {MQ* - HQ? 5.

. \ MN + PQ)- MH
Vay dién tich cuda thiét di€n can tim la: S = ( ZQ) = 6\/5

Cho hinh hop ABCD- AB'C'D'. Goi | 14 trung diém ctia canh AB,(«) la mit phing di qua |
va song song v6i mit phang (BDD'). Thiét dién ctia hinh hop cét béi mat phing («) 14 hinh gi?

A. Hinh tam giac. B. Hinh binh hanh. C. Hinh ngii giac. D. Hinh thang.
Loi giai



Cau 5:

Qua | ké duong thang song song véi BD cat AD tai K .
Qua K ké dudng thang song song véi DD’ cit A'D' tai K'.
Qua | ké duong thang song song véi BB’ cit A'B’ tai I'.
Thiét di¢n can tim 1a hinh binh hanh 1KK'l".

Cho t&r dién déu SABC. Goi | 1a trung diém cua doan AB,M 1a diém di dong trén doan Al .
Qua M v& mit phing (a) song song véi (SIC). Thiét dién tao béi () véi tir dién SABC la
A. Tam giac can tai M . B. Hinh binh hanh. C. Tam giac déu. D. Hinh thoi.

Loi giai

s

Trong mt phing (SAB) qua M k¢ dudng thing song song voi SI cét SA tai P.
Trong mit phang (ABC) qua M ké duong thang song song voi IC cit AC tai N .

: MP  MN .
Thict dién 1a tam gide MNP Tacd ~-=--~= MP =MN (visSI =CI)

Vay thiét dién 1a tam gidc MNP céntai M .
Cho tir dién déu ABCD canh a va G la trong tdm tam gidc ABC . Cat t dién boi mat phang
(P) qua G va song song véi mit phang (BCD) thi dién tich thiét dién bing bao nhiéu?

a2 \/§ a2 \/§ a2 \/§ a2 \/§

A. . B. . C. . D. .
16 4 - 9 18

Loi giai




Trong mit phang (ABC) ké dudng thiang qua G va song song véi BC cat AC, AB lan luot tai
H,K.

Trong mat phing (ACD) ké duong thang qua H va song song v6i CD cét AD tai | .
< A A A \ \ sz J 2 A A M 2
Thiét di€n can tim la tam gidc KHI . Ta c6: AHKI -~ ABCD theo ti s0 dong dang bang 3

, 4 4a’3 a’\3
Do d6: SKHI :§SBCD :§T: 9

Cho hinh chép S.ABCD ¢6 diy ABCD la hinh binh hanh tim O . Tam gidc SBD déu. Mot mit
phing (P) song song véi (SBD) va qua diém | thudc canh AC (khong tring véi A hodc C).

Thiét dién cia (P) va hinh chop a hinh gi?

A. Hinh binh hanh. B. Tam giac déu.
C. Tam giac vuong. D. Tam giac can khong déu.
Loi giai

Trwong hop 1: Piém | thudc doan OC . Goi M,N,E lan Iuot Ia giao diém cua (P) véi cac
dudng thang CD,BC,SC . Ta cé thiét dién cua (P) va hinh chop 1a tam gidc EMN .

(P)/(SBD)
(ABCD)N(SBD)=BD = MN / BD :%:%
(P)(ABCD)=MN

=t= MN =t.BD



Cau 8:

Cau 9:

(P)/(SBD)
(SCD)~ (SBD) = SD = ME / SD :%:%:
(P)~(SCD)=ME

t= ME =tSD.

Tuong tu EN//SB va EN =t-SB
Mai SB=BD=SD = MN =EM =EN, suy ra tam gia&c MNE 14 tam giac déu.

Trudng hop 2: Piém | thuoc OA. Lam twong ty nhu trén ta dugc thiét dién cia (P) va hinh
chop ciing 13 mot tam giac déu.

Cho t&r dién déu S- ABC. Goi | va J lan luot 13 trung diém cua AB va SC. Xét M 1a mot
diém di dong trén doan thang Al. Qua M ké mit phang () song song v6i (CIJ). Khi d6 thiét
dién cia mat phang (@) va tir dién S.ABC 14 hinh gi?

A. Tam gi4c déu. B. Hinh binh hanh.
C. Tam giac can tai M . D. Hinh thang can.
Loi giai

JL;.

Nhan xét mt phiang (C1J) chinh 1a mat phing (SCI).

Qua M ké dudng thang song song voi IC cit AC tai K.

Qua M ké duong thang song song véi Sl cat SA tai P.

Thiét dién 1a tam giac MPK |

Ta c6: Cl =Sl # SC nén tam gidc SCI cantai | ma APKM ~ASCI .

Do d6 tam giac PKM céan tai M .

Cho hinh chép tir giac déu S+ ABCD c6 canh ddy bang 10. Goi M 1a diém trén SA sao cho

M = % Mot mit phang (a) diqua M song song v6i AB va AD, cit hinh chop theo mot tir

SA
gidc co dién tich 1a
A2 B. 20 c. p. 2
3 - 9 9 9



Cau 10:

AB /()

ABc(SAB) = (a)n(SAB)=Mx/ AB
M e (SAB) N (a)

AD // (a)

AD c(SAD) = (a)n(SAD)=My/ AD.
M e (SAD)N(a)

CD/(a)
Hai tia Mx, My cat SB,SD lan luot tai N,Q va {\CD = (SCD) = (&) (SCD)=Qz /#CD
Qe(SCD)N(«)

Tia Qz cat SC tai P nén thiét dién can tim 13 tr gidc MNPQ.

D3 thy 2="M _MN _NP_PQ_QM _ yn=np=PQ=qm =2
3 SA AB BC CD DA 3

Mat khac MN # AB,NP /7 BC = (MN, NP) = (AB,BC) =90° = MNPQ la hinh vudng v¢i canh

20 _(20Y* 400
37 Swee=(G ) Ty

Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang can v6i canh bén BC =3. Hai day AB =8
va CD =4. Mit phang (P) song song v&i mit phang (ABCD) va cat canh SA tai M sao cho

SA=3SM . Dién tich thiét dién cua (P) va hinh chép S.ABCD bing bao nhiéu?

N 246 . 246 c 743 o 743
g B.— Ty g
Loi gidi
Goi M,N,P lan luot 1a giao diém cua (P) véi cac canh SB,SC,SD . Suy ra thiét dién ciia (P)
v61 hinh chop la tir giac MNPQ.
MN NP PQ SM 1 8

_NP_PQ_SM _1_ wn=8nNp-1Po=2%0om=1.
AB BC CD SA 3 3 3

Do (P) //(ABCD) nén



Cau 11:

Goi H 1a hinh chiéu cta P trén canh MN. Do MNPQ 14 hinh thang c4n nén

=MNT_PQ:§:>PH =+/PN? - HN? =§,

1 25

5
Véy SMNPQ :EPH(MN + PQ) :T,

HN

Cho hinh hop ABCD.AB'C'D’ va diém M nim giita hai diém A va B. Goi (P) Ia mit phing
diqua M va song song voi mit phing (AB'D'). Mit phang (P) cat hinh hop theo thiét dién la

hinh gi?
A. Hinh ttr giéc. B. Hinh tam giac. C. Hinh luc giac. D. Hinh ngti giac.

Nhan thdy (BC'D)//(AB'D')=(BC'D)//(AB'D')//(P) (1)

Do (1) ta gid str (P) cit BB tai N suyra (P)(ABB'A’)=MN

Ma (AB'D') N (ABB'A’)=AB’ suyra MN /# AB' suyra N thudc canh BB'.

Tuong ty gid sit (P)B'C' =P suyra (P)n(BCC'B')=NP két hop véi (1) suyra NP // BC'
Tuong tu (P)NC'D'=Q sao cho PQ # B'D’;(P) DD’ =G sao cho QG /# C'D

Hon nita (P) AD =H sao cho GH // AD'".

Tir do suy ra thiét dién 1a luc giac MNPQGH .



Cau 12:

Ciu 13:

Cho hinh choép S.ABCD c6 day 1a hinh thang ABCD,AB//CD, AB=2CD,M 1a diém thudc
canh AD,(a) 14 mit phing qua M va song song véi mit phang (SAB) . Biét dién tich thiét dién
ctia hinh chop cét bi mit phang (a) béng % dién tich tam gidc SAB, tinh ti s6 x = % )

A. x=1. B.x:z. C.X=§. D.x:l.
3 2 - 2

Loi giai

() /1 (SAB)
Ta c6 {(ABCD)(SAB)= AB vo¢i AB, duong thing nay cit BC tai N .
M e(a)ﬁ(ABCD)

Tuong tu giao tuyén cia (a) va (SBC) 1a duong thang qua N song song SB cat SC tai P,
giao tuyén cia (a)vé (SCD) 1a duong thang qua P song song CD cit SD tai Q. Thiét dién
ciia S.ABCD khi cét béi (a) 1 hinh thang MNPQ.

bat CD=a taco m:E:M:L@ PQ:ﬂ.
CDOD SD AD «x+1 Xx+1
. . X 1 a(x+2)
Trong hinh thang ABCD ta ¢c6 MN = CD + AB=———~.
X+1 X+1 X+1

Goi K 14 hinh chiéu ctia S 1én AB,H Ia giao cia MN va CK khidé PH // SK

S P MN ).PH
Dodé PH LMN va PH_CH _DM _ 1 . Sueo _(PQ+MN)PH 1
SK CK DA x+1 s, SK.AB X+1

Theo gia thiét BN

x+1 3 2
Cho hinh chép S- ABCD c6 day la hinh vudng tam O, canh a, cac canh bén déu bang 2a. Goi
(a) la mat phang di qua O va song song v6i mit phang (SBC). Tinh chu vi P cua thiét dién
tao boi mat phang ( ¢ ) va hinh chop S.ABCD.



Do (a) i (SBC) nén (a) cit mat phiang (ABCD) theo giao tuyén di qua O song song vi BC
va cit AB tai M, cat CD tai N .

Hoan toan tuong tu ta co (a) cit cac mat phang (SAB) va (SCD) theo cac giao tuyén MQ, NP
&d6 Qe SA va MQ /# SB:PeSD va NP //SC.

Mit phang () cét hinh chép S.ABCD theo thiét dién Ia tir gidc MNPQ.
Laic6 O 1a trung diém AC nén M,N,P,Q lan luot 13 trung diém cua AB, CD,SD, SA.
Suyra MN :a,NP:%SC:a,MQ:%SB:a,PQ:%AD:%.

Vay chu vi cia thiét dién 1a P = MN + NP + PQ + QM :a+a+%+a:7—2a.

Céu 14: Cho hinh chép S.ABCD c6 day la hinh thang ABCD, AB//CD, AB =2CD.M 1a diém thudc
canh AD,(a) 14 mat phing qua M va song song véi mit phang (SAB) . Biét dién tich thiét dién

ctia hinh chép cét boi mit phang (a) bang % dién tich tam giac SAB. Tinh ti s X = %

A. x=1. B.x:§. C.x:z. Q.x:l.
2 3 2

Loi giai
D@ thiy, thiét dién 1a hinh thang MNPQ (nhu hinh v&)

Khido: MN 7/ AB, MQ # SA,PQ // CD,NP // SB.
. . y . MA
Goi E=ADNBC va F=MQNNP. Pat MD =1 vi x=W nén MA=x,AD = x+1.

QP _SQ_AM _ x QP X . MN EM x+2 QP X

= == —= ma = = = = .
DC SD AD x+1 AB 2(x+1)  AB EA 2x+2 MN x+2




SFPQ:FQ_FP_(QPJZ_( X T: G

Seww FM FN \MN) x+2) (x+2)°
Sy FM FN EM EN (MNY [ x+2Y (x+2)°
= ) = ) = = = Sewn = 727 Sasne -
Ses SA SB EA EB |\ AB 2X + 2 (2x+2)
SFPQ ( X jz (X+2j2 NG X2
= = . = =S, =—""5Sg =S =S — S
SSAB X + 2 2X + 2 (2X + 2)2 FPQ (2X n 2)2 SAB MNPQ FMN FPQ
_ (X+2)2 B x? ' _ 4X + 4 s :>SMNPQ _ 4x+4
(2x+2) (2x+2)° | ™ (2x+2) " S (2x+2)°
A SMNp 2 4X+4 2 le
Theo dd baitac) — == —— > =—8 +4x-4=0|" 2.
SSAB 3 (2X + 2) 3 x=_1

Vi X>0 nén X:%.



PHAN Il. Cau tric nghiém ding sai. Trong mdi y a), b), c), d) & médi cau, thi sinh chon dung hoic

sai.

Cau 1:

Cho hinh chép S.ABCD c6 tam gisc SAD déu. Pay ABCD I1a hinh thang c6 AD // BC va
AB=BC=CD=1,AD =2. Goi (P) 1a mit phang qua diém M ndm trén canh AB va song
song voi (SAD). Bt BM =x v6i (0<x<1). Tim x dé thiét dién ciia S.ABCD cit bsi (P) c6
dién tich bang mot nira dién tich tam giac SAD

a) Thiét dién cia S.ABCD cat boi mit phang (P) la mot mét phang di qua M va song song véi
mit phang (SAD).

b) Thiét dién can tim 1a mot luc gidc déu

c¢) Qua M ke duong thang song song véi AD cit CD tai N thi MN =1-x

d) Dé thiét dién cua S.ABCD cét boi (P) c6 dién tich bang mdt nira dién tich tam gidc SAD thi

giatricua x =

o

a) Ping: Qua M ke duong thang song song véi AD cat CD tai N .

Qua M ké duong thiang song song véi SA cit SB tai Q.

Qua Q ké dudng thang song song véi BC cat SC tai P.

Suy ra (MNPQ) la mit phang qua M va song song véi (SAD).

b) Sai: Do d6 thiét dién cua hinh chop S.ABCD cét bai mat phang (P) 1a tir giac MNPQ.

¢) Sai: Boivi MN va PQ ciing song song véi BC (hoac AD ) nén ta gidc MNPQ Ia hinh thang.

Tam giac SAD déu, canh AD =2 nén SA=SD=2.
Ap dung dinh li Thales trong cac tam giac SAB,SBC,SCD ta dugc:



(,_BM _MQ _BQ_CP_CN_NP .PQ_SQ_AM ,
" BA SA BS CS CD SD BC SB AB

Suyra MQ=NP=2x,CN =x va PQ=1—x.

Tiép tuc 4p dung dinh Ii Thales trong c4c tam gidc ABC, ACD ta dugc:

_AM M (_CN_IN

- = X= =—,=>MlI=1-x va IN=2Xx= MN =x+1.
BC BC CDh AD

1-x

Goi H, K lan luot Ia hinh chiéu vudng gdc caa P,Q trén MN.

Tacod MK = 1N = MN-PQ :(x+1)—(1—x):X.

2 2
Q P
M K H N

= QK =JQM? = MK?2 = 4x% — x? = x4/3

(PQ+MN)QK  (1-x+1+x)/3x
= SMNPQ = 2 = 2

=/3X.

x2\/3 V3

2
—(ZX)\@@ 3Xx = S X=—
4 2 2

d) Sai: Tir gia thidt: Synpq = %SSBD o B3x :%

Vay x:? do (0<x<1).

Cho tir dién ABCD ¢6 G 14 trong tdm ctia tam giac BCD. Goi O 13 trung diém cta doan thing
AG. Goi S;,S, 1an luot 14 dién tich thiét dién cua tir dién cat boi mat phang di qua O dong thoi
song song v6i mat phang (ABC) va dién tich tam gisc ABC . Goi | 1a trung diém BC. Trong
mit phing (AID) qua O ké duong thing song song véi Al cit AD tai P vacit DI tai J. Qua
J ké duong thang song song véi MN, cat CD tai N va cat BD tai M . Xét tinh dung sai ctia

cac khang dinh sau:

a) Thiét dién can tim 1a mot hinh thang

5 D _6
ID 5
MN 5

Q) — ==
BC 6

N
S, 26

Loi giai



Cau 3:

a) Sai: Goi | 1a trung diém BC. Trong mit phang (AID) qua O ké dudng thang song song véi
Al cit AD tai P vacit DI tai J.

Qua J ké dudng thang song song véi MN, cat CD tai N va cat BD tai M .
Thiét dién can tim 1a tam giac MNP .

b) Sai: Trong tam giac AIG c6 OJ / Al honnira O latrung diém AG nén J 1a trung diém IG

Do do |J:1|G:1|D:>£:E,
2 6 ID 6
. . MN JD
c¢) bung: Suy ra hai tam gidc MNP va BCA dong dang theo ti so k = E:\I]_D:g'
S 25
d) Dung: Vay -t =k’ =—".
) Bung: Vay s, 36

Cho tir dién ABCD c6 tit ca cac canh déu béng nhau. Goi | 1a trung diém doan CD va M 1a

diém ndm trén doan BC (M khac B va C). Goi («)la mit phing qua M va song song véi mit
phing (ABI). Xét tinh dung sai cia céc khing dinh sau:
a) Giao tuyén ctia (@) va mit phang (BCD) la MP véi P eCD
b) Giao tuyén cta () va mat phing (ACD) la MQ véi Q e AC
¢) PQ=(a)n(ABC)
d) Thiét dién cta tir dién ABCD khi cét boi (o) 1a mot tam gidc can
Loi giai
a) Pung: Theo gia thiét ta c6 1A= 1B suyra AAIB cantai | . Do (a) 14 mdt phing qua M va

song song v&i mit phang (ABI ) nén:

Trong (BCD) ké MP // BI,P € CD suyra MP =(a)n(BCD).



b) Sai: Trong (ACD) ké PQ/ Al,Q € AC suyra PQ=(a)n(ACD).
¢) Sai: Khi d6 MQ =(a)n(ABC)

d) Pung: Thiét dién dién cta t&r dién ABCD khi cdt boi () 1a AMPQ thi theo céch dung ta
suy ra AMPQ ddng dang véi ABIA suy ra AMPQ cén tai P .

Cho hinh chop S.ABCD c¢6 day ABCD la hinh binh hanh, mat bén SAB la tam giac vuong tai
A, SA=ay3, SB=2a. Piém M nim trén doan AD sao cho AM =2MD. Goi (P) la mit
phing qua M va song song véi (SAB) . Tinh dién tich thiét dién ctia hinh chép cét boi mit phang
(P).

a) Giao tuyén cua mt phang (P) voi (ABCD) 1a MN véi N e BC

b) Thiét dién ctia hinh chép cét béi mat phang (P) 1a mdt hinh binh hanh.

c) b6 dai ciia canh AB=a

d) Dién tich thiét dién cua hinh chép cat boi mit phang (P) bang

5a2y/3
8

Loi giai

va MN // PQ// AB

.. |(P)II(sAB) (P)~(ABCD)=MN
a) bung: Ta co: {M < AD.M e(P) :{



Laic {(P) /1(SAB)

(P)N(SAD)=MQ  (MQ//SA
M e AD,M e(P) :{(P)m(SBC)z NP Va{

NP // SB

Ma tam giac SAB vudng tai A nén SA1L AB = MN L MQ

b) Sai : Tir d6 suy ra (P) cat hinh chop theo thiét dién 1a hinh thang vudng tai M va Q.

¢) bung : Mat khac MQ//SA = MQ DM DQ = MQ= —SA a bQ 1
SA DA DS DS 3
PQ_3SQ 2 .
PQ//ICD = = PQ==>AB, v6i AB=+/SB*>—-SA’> =a
Q D sp QT 3hR.
2
d) Sai: Khi do SMNPQ=%MQ.(PQ+MN)@SMNPQ ;SgA (228 AB) sMNPQ=¥.

PHAN IIl. Cau tric nghiém tra I&i ngan

Cau 1:

SM
Cho hinh chép S.ABC c¢6 M di dong trén canh SA sao cho A k,voi (O<k<LlkeR).

) 0 m
Goi (P) la mdt phang di qua M va song song v6i mat phang (ABC). Khi k = g véi m,n

nguyén duong thi mat phing () ct hinh chép S.ABC theo mot thiét dién c6 dién tich bang nira

dién tich cua tam gidc ABC. Tinh m+n
Loi giai

B
Qua M ké dudng thang song song v&i AB cat SB tai N .

Qua M ké dudng thing song song vdi AC cat SC tai P .

Thiét dién cta hinh chép S.ABC cét boi mét phang (P) 1a tam gidc MNP .

MN SM
T hai t MNP ABC ddng dang theo ti s§ — =— =
a c6 hai tam glac va ong dang tnco ISO AB SA
Suyra —MNP Sy k2—1:>k:£:>m:n:2:>m+n:4.
ABC 2 2



Cau 2:

Cho hinh chép S.ABCD c6 day 1 hinh thang AB // CD,AB =2CD. Piém M thudc canh AD
. MA ) ,
(M khong trung v6i A va D) sao cho VD - X. Goi (&) la mat phang qua M va song song

v6i (SAB). Tim x dé dién tich thiét dién cta hinh chép cdt béi mét phing (er) bing mot nira
di¢n tich tam gidc SAB.
Loi giai

S

D C
D& thdy thiét dién 1a hinh thang MNPQ (nhu hinh v&)
Khi d6 MN 7 SA, NP // CD, PQ // SB, QM / AB.
Goi E 1a giao diém cua MN va PQ.

Ta c6: QM = MD.AB+ AM CD ZLAB.FL.CD:X;Z_
AD AD X+1 X+1 2(x+1)

: S 2 (x+2)
Hai tam giac SAB va EMQ ddong dang nén ——2 =(MQJ = ( )

SAB AB 4(X+1)2'
NP NS AM
Vit= o= = quyra NP=—X_CD=- X _AB.
CD SD AD x+1 Xx+1 2(x+1)
2 , S ,
Do do6 NP __x va Seen =(NPJ =X ;=R g X == 4x+42.
QM x+2 Semg \MQ (x+2) Semo (x+2)"  (x+2)
SMNPQ_ 4x +4 1 1 1

Tirdésuyra MNPQZESSAB @mZEQXZJ..

7= =
SABC 4(X+1) x+1



Cau3: Cho hinh chép S.ABC c6 day la tam gisc ABC théamin AB = AC =4, BAC =30°. Mit phing
(P) song song véi (ABC) cat doan SA tai M sao cho SM =2MA. Dién tich thiét dién cua
(P) va hinh chép S.ABC bing bao nhiéu? (két qua lam tron dén chit s6 thap phan thir hai)

Loi giai

S

1 . 1 .
Dién tich tam giac ABC 1a S5 = E.AB.AC.SIn BAC = E.4.4.S|n 30°=4.

Goi N, P lan luot 13 giao diém cta mit phing (P) va cac canh SB, SC.

SM SN SP 2
Vi (P) // (ABC) nén theoo dinh li Talet, ta c6 ——=——=—==—.
SA SB SC 3

Khi d6 (P) cét hinh chép S.ABC theo thiét dién la tam gidc MNP dong dang véi tam gidc

2
ABC theo tisd k = % Vay S,y = K*.Susc = (gj 4= % ~1,78.
Cau 4: Cho hinh chop S.ABCD c6 day ABCD 1a hinh thang can v&i canh bén BC =2, hai day AB =6
, CD = 4. Mit phang (P) song song v6i (ABCD) va cit canh SA tai M sao cho SA=3SM .
Dién tich thiét dién cua (P) va hinh chép S.ABCD bing bao nhiéu? (két qua lam tron dén chir
sd thip phan thi hai)
Loi gidi




Goi H, K lan luot 1a hinh chiéu vudng goc cua D, C trén AB

. . AH =BK; CD=HK
ABCD la hinh thang can = = BK =1.
AH + HK + BK = AB

Tam gidc BCK vudng tai K, c6 CK =+/BC? —BK2 =+/22 12 =4/3..

AB+CD - 4+6
Suy ra dién tich hinh thang ABCD 13 Ssgep = CK.+ - 3.% =5.3.

Goi N, P, Q lan luot 1a giao diém cua (P) va cac canh SB, SC, SD.

MN NP P M 1
Vi (P) // (ABCD) nén theo dinh li Talet, ta c6 —=—= PR_M_1 )
AB BC CD AD 3

, . 543
Khi d6 (P) cat hinh chép theo thiét dién MNPQ c6 dién tich Syp =k*.Speep = Tf ~0,96.
Cho hinh chép S.ABCD c6 day ABCD la hinh vudng canh bang a, tam gidc SAB déu,
SC =SD=a+/3. Goi H,K 14n luot Ia trung diém cta SA,SB. Goi M 1a mot diém trén canh
AD , mit phang (HKM) cit BC tai N.Dit AM =x (0< x<a). Tim gia tri ciia x dé dién tich
thiét dién HKMN dat gia tri nho nhét.

Loi giai

Mit phang (HKM) va (ABCD) chira hai duong thang song song HK va AB nén giao tuyén
cua ching la MN cling song song voi HK va AB. Xét hai tam giac HAM va KBN c6:

BN =AM ; BK = AH ; KBN = MAH nén AHAM = AKBN .

a
Tu d6 suy ra: MH = KN. MHKN 1a hinh thang cén ¢6 hai day MN =a; HK = 3

. 1
Str dung dinh 1y ham s6 cos cho tam giac SAD ta tinh dugc COSHAD = 5

1

2 2
Ta tinh duge: HM?® = HA* + AM* — 2HA AM '(_Ej _a+ax 4 2ax

4



Cau 6:

Pudng cao ciia hinh thang can duoc tinh bang cong thic:

2
Jonae (M e g e

2
Do hai day c6 d6 dai khong d6i nén dién tich thiét dién bé nhét khi dudng cao bé nhat dat khi
x=0
Cho hinh 1ap phuong ABCD.A'B'C'D’ canh AB =4. Trén cac canh AA',B'C’,CD lan luot liy
cac diém M,N,P sao cho MA=NB'=PC =X (2 <X< 4). Khi thiét dién duogc tao boi mat
phang (MNP) cét hinh lap phuong c6 dién tich bang 114/3 thi gia tri x bang bao nhiéu?

Loi giai

B’ N c’

Al ///
% R

M
C
7 s
A S D
MA NB' o R . B ,
Ta c6 A NG = MN, AB", A'C" thudc ba mit phang song song hay MN//(«) do chira

AB’ va song song v6i AC' = (a)=(AB'C).

MA PC ,
Lai c6 =—— = MP,AC,AD thudc ba mit phang song song hay MP//( ) do chira AC

MA"  PD
vai AD=(S)=(ABC).

MN//( AB'C)
Khi d6 {MP//( AB'C) = (MNP)//( AB'C).
MN ~ MP

(MNP)//( AB'C)
Ta lai co: {(AAB'B)n(AB'C)=AB = (MNP)n(AABB)=d =d nAB'=Q.

M e (MNP)N(AA'B'B)
Tuong tu ta xac dinh dugc cac giao tuyén cia mat phing (MNP) véicac mdt ABCD va BB'C'C

ctia hinh 14p phuong. Tir do, thiét dién cta hinh 14p phuong bi cit béi mat phang (MNP) 1a luc
giac MQNRPS nhu hinh vé.



Tam gide AB'C déu va (QM,QN)=(AB',AC)=60°. Tirdo d& thiy luc giac MQNRPS co tit

ca cac goc bang 120°.

Tam giac AMS vudng can tai A nén MS = AM N2 =xJ2 va tuong ty PR=0QN = X2 .
Tam gisc AMQ vudng can tai A’ nén MQ = AM /2 =(4-x)+2

Tuong tu ta co: NR=SP = (4 x)4/2.

(MNP)//AC

(MNP) ~(AA'C'C) = MR = MR//AC = MRCA la hinh binh hanh = MR = AC =4./2.
AC = (AAC'C)

5 P

42.4/2.5in 60°
SMQNRPS = SMQRS + ZSQNR = 2

+(4- x)\/f.x«/f.sin120° =83+ «/5(4— X)X.

Xx=1

ST =11\/§@(4—x)x=3@{)(:3.

Dbi chiéu didu kién ldy x =3.




